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ABSTRACT A cell plated on a two-dimensional substrate forms adhesions with that surface. These adhesions, which consist
of aggregates of various proteins, are thought to be important in mechanosensation, the process by which the cell senses and
responds to the mechanical properties of the substrate (e.g., stiffness). On the basis of experimental measurements, we model
these proteins as idealized molecules that can bind to the substrate in a strain-dependent manner and can undergo a forcedependent state transition. The model forms molecular aggregates that are similar to adhesions. Substrate stiffness affects
whether a simulated adhesion is initially formed and how long it grows, but not how that adhesion grows or shrinks. Our own
experimental tests support these predictions, suggesting that the mechanosensitivity of adhesions is an emergent property of
a simple molecular-mechanical system.

INTRODUCTION
Cells sense and respond to the mechanical properties of their
environment. A striking example of this mechanosensation
is that undifferentiated mesenchymal stem cells that adhere
to soft two-dimensional (2D) surfaces primarily become
neural cell precursors, whereas on stiff surfaces they
become bone cell precursors (1). Other adherent cell types
also react differently to surfaces of different stiffness, forming large, long-lasting adhesions to the extracellular matrix
(ECM) on stiff surfaces, and small, transient adhesions on
soft surfaces (2). These cell-ECM adhesions are initially
formed at the cell edge in a force- and ECM-stiffnessindependent fashion (3). A fraction of these adhesions
then increase in size and migrate toward the cell interior,
where they eventually decay and disappear (4). The details
about how force and ECM stiffness affect maturation probability, adhesion lifetime, and growth/decay processes are
unclear. It is important to understand this mechanism so
that we can understand how cells sense their mechanical
environment (5) and how cancer metastasis is initiated (6).
For adhesions to be mechanosensitive, molecules in the
adhesions must sense and respond to mechanical cues.
Such molecular mechanosensitivity has been directly
observed in several adhesion proteins that undergo forcedependent configuration changes (7–11). Furthermore,
because chemical bonds are strain-sensitive, bonds between
the cell and the ECM form most readily when molecules are
in close proximity to surface binding sites and break most
readily when the bond is highly strained. (Consider a
binding-unbinding reaction. Over small strains, the bond
may be approximated as linear-elastic, with stiffness kB.
Then the Helmholtz free-energy difference (DA) between
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the bound and unbound states is DA ¼ DV  TDS, where
V is the potential energy, S is the entropy, and T is the absolute temperature. The potential energy change DV includes
the potential energy stored in the strained bond: kBx2/2,
where x is the bond stretch. Assuming a negligible volume
change in the reaction, the equilibrium constant for the reaction K may be written as K ¼ exp(DA). It then follows that
K(x) ¼ K(0) exp(kBx2/2kBT), implying that bonds form
less frequently and/or are broken more frequently when
the bond stretch, x, is large.) How does molecular mechanosensitivity translate to adhesion and cell mechanosensitivity? What factors determine how the size of an adhesion
varies with time? Why are more numerous and longerlasting cell-ECM adhesions formed on stiff surfaces than
on soft surfaces? Here, we use stochastic simulations, experimental measurements, and theoretical calculations to
answer these questions.
In this work, we develop an experimentally based molecular-mechanical model for cell-ECM adhesions and
generate a series of predictions for adhesion behavior. These
model predictions are shown to agree with our own experimental measurements. Finally, using a simplified model, we
develop a theoretical framework to understand the model
behaviors. We demonstrate that ECM stiffness affects
whether an adhesion is initially formed and how long it
grows, but not the growth or decay processes. These results
support the view that adhesion dynamics and mechanosensitivity are emergent properties of generic molecular systems
with load- and strain-dependent chemical reactions.
MODEL
To examine how cell-ECM adhesions grow and decay, and
how this process depends on ECM stiffness, we introduce
a molecular-mechanical model of adhesions. Our aim is
to correctly model, at least qualitatively, the behavior of
doi: 10.1016/j.bpj.2011.11.010
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individual molecules in an adhesion, simulate the behavior
of ensembles of these molecules, and make testable predictions. The predictions of the model, which we experimentally verify, depend on our model being 2D, forces having
a vertical component, and adhesion molecules undergoing
both constant force and constant distance reactions. Thus,
these behaviors are not predicted by 1D models of adhesion
growth (14–17), models that consider only the horizontal
component of forces (14–16), or models that consider only
constant force reactions (17). We now discuss the details
of our molecular-mechanical model.
Cell-ECM adhesions are too complex to model exactly.
Therefore, we simplify some aspects of the adhesions while
retaining the aspects of adhesion mechanochemistry that
are relevant to adhesion growth, decay, and ECM-stiffness
dependence. These relevant adhesion properties occur at
both the whole-adhesion level and the molecular level. We
first consider the whole-adhesion level.
We define four relevant whole-adhesion properties. CellECM adhesions contain hundreds of different protein types
that form a dynamic plaque that is sensitive to force and
ECM stiffness and is connected to the cytoskeleton through
a force-generating, bundled cable of actin filaments (see
Fig. 1 A). In this plaque, the proteins are precisely arranged
(13,18). ECM-binding integrins spanning the cell membrane are laterally interconnected (18). Various forcesensitive proteins (e.g., talin and vinculin) connect to the
integrins on the cell interior. Filamentous actin molecules
form a large bundle called a stress fiber and connect a subset
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of molecules in the adhesion to the cytoskeleton via these
force-sensitive proteins (13). Myosin associated with the
stress fiber applies force to the adhesion. Thus, a model of
a cell-ECM adhesion must include laterally interconnected
ECM-binding molecules and force-sensitive molecules,
and apply an external force to a subset of molecules in the
adhesion.
We propose a molecular adhesion model that shares these
properties. Rather than representing each of the protein
types in the adhesion, we lump these various proteins
together into a single generic molecule. These generic molecules are arranged in a rectangular lattice (Fig. 1 B). These
molecules may bind reversibly to four neighbors and may
also bind to the surface, thereby satisfying the first property.
Note that in analogy to lattice models for liquid systems,
although our model assumes an ordered array of adhesion
proteins, it nevertheless captures the basic physics of a disordered molecular arrangement (19). Allowing each molecule
to undergo a force-dependent state transition simulates the
action of force-sensitive proteins, satisfying the second
property. Motivated by the fact that stiffness-sensitive nucleation, stability, growth, and decay in modeled adhesions
depend only on the component of force normal to the
surface, and wishing to avoid complexities associated with
adhesion sliding, we assume that an external normal force
is applied to a single molecule in the adhesion. Thus, the
action of a stress fiber is modeled (see the Supporting Material for a discussion about the effects of tangential forces),
satisfying the third and final property.
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FIGURE 1 Molecular-mechanical
adhesion
model. (A) A schematic diagram of a small focal
adhesion (adapted in part from Kanchanawong
et al. (13)). (B) A schematic diagram of a modeled
adhesion. Each molecule may form four lateral
bonds to its neighbors, may bind to the surface
through a flexible domain, and may exist in two
states. (C) The globular domain undergoes a
load-dependent extension of length DH from a
circle state to an ellipse state, mimicking the
load-dependent extension of proteins in the adhesion. (D) The flexible domain may reversibly
bind to the surface, mimicking the surface-binding
properties of proteins in the adhesion.
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In addition to these overall adhesion properties, we must
specify the properties of the adhesion molecules. In particular, we must specify which chemical reactions may occur
in a growing adhesion and how fast these reactions occur.
Additionally, we must specify precisely how external force
and/or ECM stiffness will affect the rates of these reactions
(20). By creating a simplified mechanical model of a molecule, we may predict these relations.
Molecular model
To specify which chemical reactions to include in our model,
we first consider how adhesions in living cells behave.
Three general classes of reactions can occur in an adhesion.
Each of these reactions is reversible. First, free molecules
may bind to or unbind from the adhesion. In our model,
because molecules are arranged in a rectangular lattice,
each generic molecule must therefore have a domain that
binds to four other molecules. Second, force-sensitive molecules in the adhesion may undergo or reverse their forcedependent state transition. Generic molecules in our model
must therefore exist in two internal states. Third, molecules
in the adhesion may bind to or unbind from the ECM. Thus,
molecules in our model must have an ECM-binding domain.
Molecules in our model undergo these three reaction types
via a rigid, globular domain connected to a flexible domain
that acts as a linear spring of stiffness k (Fig. 1 B).
The globular domain forms up to four lateral bonds,
thereby allowing molecules to bind to and unbind from
the adhesion. Free molecules bind to unoccupied sites of
molecules in the adhesion at a constant rate. Thus, the
unbinding rate of molecules in the adhesion can be determined from their free energy and the law of detailed
balance. Note that these molecule-molecule bonds represent
both the associative nature of adhesion molecules and lateral
binding that presumably occurs through actin (18).
To satisfy the constraint that the molecule must exist
in two states, we allow the globular domain to transition
from a spherical (circle) state to an ellipsoidal (ellipse) state
(see Fig. 1 C; a similar picture was previously proposed by
Besser and Safran (16)). Because this state transition incorporates a shape change in the direction of force, force tends
to favor the transition to the ellipse state. In particular, the
transition rate from circle to ellipse increases exponentially
with force, according to the simple Bell model (21)
(neglecting effects that are important only at large forces,
such as force-induced internal energy and entropy changes
(22–25)). This force dependence has only a single free
parameter: the vertical change in shape between the circleand ellipse-state DH. This force-dependent change has been
experimentally measured in focal adhesion proteins such as
talin (9), with DHz15nm. In our model, we purposefully
chose a small DH ¼ 3nm to demonstrate that mechanosensitive adhesions form with even modest force dependence
(see discussion in Supporting Material).
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This force-dependent state transition affects the rate at
which molecules unbind from the adhesion by changing
the free energy of molecule-molecule bonds (recall that
binding occurs at a constant rate). To define the model, we
must therefore determine how the free energy of intermolecular bonds depends on the molecular state. Because external
force is required for adhesion maturation (3, 26), we infer
that force stabilizes intermolecular bonds. We incorporate
this observation into our model by requiring that the circle
state, which is favored at low force, forms lateral bonds
less favorably than the ellipse state, which is favored at
high force. In particular, the formation of a circle-circle
bond results in a large free-energy increase ðDG ¼ 4kB TÞ,
circle-ellipse bond formation results in a small freeenergy increase ðDG ¼ 1:5kB TÞ, and the formation of an
ellipse-ellipse bond results in a small free-energy drop
ðDG ¼ 0:9kB TÞ. Note that because we are more interested
in qualitative than quantitative results, these free energies
are somewhat arbitrary; it is the overall trend of a freeenergy decrease from circle-circle to ellipse-ellipse that is
important (see Supporting Material for a discussion of
parameters). One potential biological interpretation of this
force-dependent stability is that when force-sensitive molecules (such as talin) exist in their extended conformation,
binding sites are exposed that reinforce bonds to neighboring molecules in the adhesion (26).
To satisfy the constraint that molecules in the adhesion
may bind to and unbind from the ECM, the end of each
molecule’s flexible domain can bind to the ECM. As we
now show, this binding rate depends on the separation
between the molecules and the surface, the stiffness of
the flexible domain, and the stiffness of the ECM. This
ECM-stiffness dependence of surface binding underlies
the adhesion mechanosensitivity in the model. Because
this mechanosensitivity is a focus of this work, we consider
surface binding in some detail below.
Effect of ECM stiffness
When molecules in an adhesion bind to the ECM, they are
held a constant distance away from the ECM. Like constant
force reactions, constant distance reactions, also called
strain-dependent reactions, can be modeled with only
a few parameters (27–29). We use a model in which
strain-dependent reactions are defined with three parameters
(27, 28), the most important of which is k, the assumed
linear stiffness of the bond (the other two—the assumed
constant width of the binding site and the minimum separation between the ECM and the globular domain—are discussed in the Supporting Material). The bond stiffness k
incorporates the elasticity of the ECM in series with the
molecule’s elasticity, k. Therefore, in conjunction with our
mechanical model for the molecules, a mechanical model
of the ECM allows us to predict the effect of separation
distance on the molecule-ECM bonds (see Fig. 1 D).
Biophysical Journal 101(12) 2919–2928
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ECM mechanics are likely complex and nonlinear.
However, we expect that the qualitative behavior of the
ECM is independent of its mechanical details. In particular,
when the ECM is stiff, we expect that force applied to an
ECM-bound molecule deforms the ECM much less than
the molecule, giving an effective stiffness of kzk.
Conversely, when it is soft, the ECM deforms much more
than the molecule, implying that ECM stiffness dominates
the apparent stiffness of the molecule-surface bond (see
Fig. 2). We can achieve this qualitative result by assuming
that the ECM is semi-infinite, linear elastic, homogeneous,
and isotropic, and that each molecule-surface bond acts
in isolation of other molecule-surface bonds. With these
assumptions, the stiffness of the ECM (as measured by its
Young’s modulus E) affects k through the relation
k ¼

2pRE
k;
2pRE þ 3k

(1)

where R is the radius of the assumed circular area over
which a molecule applies force to the ECM (28).
Given this relation between ECM stiffness and bond stiffness, along with the bond-stiffness dependence of straindependent reactions, varying the ECM stiffness will change
the probability of forming molecule-ECM bonds. This
important result can be understood intuitively by means of
the following simple thought experiment (see Fig. 2;
a more detailed analysis is described in the Supporting
Material): Consider a two-molecule system under force F.
One of the two molecules is bound to the ECM, and we
consider the rate at which the second molecule binds as
a function of ECM stiffness, rb ðEÞ. For simplicity, we
assume that the unbinding rate is independent of ECM stiffness ru (note that although this value is likely a function of
the force F, the force on the attached molecule is independent of ECM stiffness). By detailed balance, we may write


kz2
;
rb ðEÞ ¼ ru exp 
2

F
F

Stiff ECM

FIGURE 2 Thought experiment demonstrating how ECM stiffness
affects bond formation. Under applied force, the ECM deforms more on
a soft surface (left) than on a stiff surface (right). Bond formation is then
slower on softer ECMs as described by Eq. 2.
Biophysical Journal 101(12) 2919–2928

This equation shows that the binding rate reaches
a maximum of maxðrb Þ/ru expðF2 =2kÞ on very stiff
surfaces, and approaches a minimum of minðrb Þ/0 on
very soft surfaces. Thus, although we use a more sophisticated treatment of these strain-dependent rate constants in
the model, this simple model provides an intuitive explanation for why and how ECM stiffness affects binding rate.
Although the underlying molecular model is simple,
the interaction of these various reactions is complex. For
example, the force on a given molecule, which affects its
transition rate between the circle and ellipse states, depends
on whether the molecule is attached to the surface, the force
on its neighbors, whether these neighbors are in the circle or
ellipse state, and whether the molecule itself is in the circle or
ellipse state. Similarly, the distance between the molecule
and the ECM, which affects its binding probability, depends
on the force on its neighbors, whether they are in the circle or
ellipse state, whether the molecule itself is in the circle or
ellipse state, and the stiffness of the ECM (these interactions
and mathematical expressions that describe them are presented in the Supporting Material). Importantly, however,
these complex interactions depend on a small number of
mechanical and chemical parameters that we specify before
performing simulations.
Both external force applied normally to the adhesion
ðFðtÞÞ and ECM stiffness (E) affect the chemical kinetics
of molecules in this experimentally motivated mechanochemical model. Therefore, given expressions for FðtÞ and
E, and defining the parameters of the molecular model, we
may observe when and how aggregates of these molecules
tend to form (see Supporting Material for more simulation
details). These simulations make specific predictions that
are consistent with our own experimental tests, lending support to the assumptions of the model.
Simulations

z

Soft ECM

where k is described by Eq. 1 above, and z is the distance
between the equilibrium positions of the second molecule
and its binding site (see Fig. 2). We recognize that kz is
the force F, so that
 2


F
F2 ð2pRE þ 3kÞ
¼ ru exp 
:
rb ðEÞ ¼ ru exp 
2k
4pREk
(2)

After the parameters are estimated, simulations of the molecules show load- and ECM-stiffness-dependent aggregates
that we identify as adhesions (see Fig. 3 A for still frames
from a simulation, and Supporting Material for simulation
details and a movie of a simulation). These adhesions
increase in size and eventually decay and disappear. Adhesion formation requires the presence of external force and
occurs preferentially on stiff ECMs. To compare the model
with whole-cell measurements, we incorporate the model

Molecular Model of Adhesion Dynamics

2923

A

0
0

3

Adh. Area ( μ m 2 )

Adh. Area (ρ -1 )

E=2
E = 150

50

10

E = 5 kPa
E = 80 kPa

0

0

60

120

0.1

1
E crit

10 100 1000

E (3κ/2πR)

0

Cell Death

Adhesion Number

Adhesion Number

0

Adhesion Area ( μ m 2 )

300
E=2
E = 150

200
100
0
0

0.1 1 10 100

E (kPa)

5

time

0

0

Decay

60

time (min)

120

Experiment
20
E = 5 kPa
E = 80 kPa

10

0

0

60

120

time (min)

Avg. Adhesion Size per Cell

F

Experiment
50

Growth

Adhesion Decay

time (min)

Simulation

6

time

Simulation

Adhesion Number per Cell

100

0

Decay

D

20

time

E

0

7

Adhesion Growth
Simulation
Experiment

C

Growth

Simulation
100

0

0.1 1
E crit

10 100 1000

E (3κ/2πR)

Experiment
3

0

Cell Death

6

100

Adh. Area ( μ m 2 )

5

3

Experiment
6

Adh. Area ( μ m 2 )

4

2

Adh. Area (ρ -1 )

1

Simulation

Adh. Area (ρ -1 )

time = 0

Adhesion Area (ρ -1 )

B

0.1 1 10 100

E (kPa)

FIGURE 3 Comparison between simulations and experimental measurements of cultured cells. In plots B–F, simulations are shown on the left and experimental measurements are shown on the right. Time is measured in arbitrary units, and stiffness is measured in units of 3k=2pR in the simulations. (A) Still
shots of a simulation, showing adhesion growth and subsequent decay. (B) Adhesion size as a function of time, showing growth and decay. Fits are the best-fit
quadratic. (C) Adhesion growth as a function of time for two different ECM stiffnesses. The best-fit quadratic is shown as a black line. (D) Adhesion decay as
a function of time for two different ECM stiffnesses. The best-fit quadratic is shown as a black line. (E) Steady-state adhesion number per cell, as a function of
ECM stiffness (note log scale). The solid curve is a guide for the eye. In simulations, an adhesion is defined as an aggregate > 20 molecules. (F) Steady-state
average adhesion size per cell, as a function of ECM stiffness (note log scale). The solid curve is a guide for the eye.

into a cell simulation in which nascent adhesions are formed
at the cell edge in a time- and stiffness-independent fashion,
and then move toward the cell interior with a time-dependent sliding rate (30) (see Supporting Material for simulation details and a movie of a simulation). We identify five
specific properties of simulated adhesions:
1. Adhesion growth occurs, at least initially, as time
squared (see Fig. 3 C).
2. Adhesion decay occurs either catastrophically or as time
squared (see Fig. 3 D).
3. Both adhesion growth and decay are independent of
ECM stiffness (see Fig. 3, C and D).
4. Adhesion nucleation occurs more easily on stiff than on
soft ECMs (see Fig. 3 E).
5. Adhesion decay is initiated sooner on soft than on stiff
ECMs (see Fig. 3 F).
We tested these specific predictions with a series of
experimental measurements.

Experiments
To test the five predictions of the model, we performed
a series of experiments with mouse embryonic fibroblast
cells on collagen I-coated substrates of three different stiffnesses (see Supporting Material). We measured the total
number of adhesions in these cells and the average size of
these adhesions. Additionally, we measured the area of
selected adhesions on the two stiffer ECM surfaces as a function of time.
Our measurements of individual adhesions and whole cells
support the following model predictions (see Supporting
Material for details):
1. Adhesion area growth as a function of time is well
described by a single quadratic curve but not by a linear
(p < 0.001) or exponential (p < 0.001) curve (see Fig. 3
C and Supporting Material for details of the statistics).
2. When adhesions do not catastrophically detach, they
decay quadratically with time (see Fig. 3 D).
Biophysical Journal 101(12) 2919–2928
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The successful growth and maturation of an adhesion
requires multiple cycles through these three steps (Fig. 4 A).
The three-step growth process determines adhesion maturation and stability. By assuming that binding to and
unbinding from the surface (step 3 in Fig. 4 A) occurs more
slowly than the other steps (steps 1 and 2 in Fig. 4 A), we
can further simplify the model. We can then understand the
initial growth of adhesions (a process we call nucleation)
through a master equation formalism. Then, using a meanfield approximation, we can analyze the system’s steady state
to understand adhesion stability, and the system’s nonsteady
state to understand growth and decay (a more detailed analysis is provided in the Supporting Material).

3. Adhesion growth and decay are independent of ECM
stiffness, and thus adhesion size measurements on
ECMs of different stiffness can be fit by a single curve
(see Fig. 3, C and D).
4. Adhesions mature from nascent adhesions to adhesion
complexes more frequently on stiff surfaces, leading to
a greater number of adhesions on cells plated on stiffer
ECMs (see Fig. 3 E).
5. Decay is initiated sooner on softer ECMs, leading on
average to smaller adhesions in cells on softer ECMs
(see Fig. 3 F).
We used simple calculations to investigate why the simulated adhesions display these five qualities. Given the agreement between simulation and experiment, we expect that
this analysis will in turn provide insight into cell-ECM
adhesion maturation in vivo under both normal and pathological conditions.

Master equation (nucleation)
Adhesion nucleation (i.e., the formation of a small molecular
aggregate from one or a few molecules attached to the ECM)
requires rapid adhesion growth before the few initially
attached molecules detach from the ECM. Here, using the
simple model, we provide an intuitive explanation for how
force and ECM stiffness affect nucleation. Then, using a
master equation analysis of the simple model, we justify this
explanation by means of an analytic relationship. This analytic
relationship is consistent with simulations of the full model
and qualitatively consistent with experimental measurements.
The simple model intuitively explains how external force
affects nucleation. In particular, the simple model predicts
that external force applied to the adhesion affects growth
in two places. First, applied force on the adhesion increases
the force felt by attached molecules, thereby making the
completion of step 1 (the transition from the circle to ellipse
state) more likely; however, force increases the strain on
a given molecule, thereby making completion of step 3
(surface binding) less likely (see Eq. 2). The balance of
these two effects results in the existence of an optimal force,
where a given adhesion has the highest growth rate.
Similarly, the simple model provides an intuitive explanation for the mechanosensitivity of nucleation. ECM stiffness
affects the stability of adhesion-ECM bonds. On soft
surfaces where adhesion-ECM bonds are most compliant

THEORY
The full model of adhesion formation is complex. Here, to
elucidate the behavior of this complex model, we introduce
some simplifications. These simplifications allow us to
obtain an intuitive explanation for why the complex model
exhibits the five aspects of adhesion maturation enumerated
above in the ‘‘Simulations’’ section.
Simplified model
To derive a simplified model for adhesion dynamics, we
assume that adhesion growth occurs through three basic
steps in the model:
1. A molecule in the adhesion that is attached to the ECM
experiences sufficient load to transition to the ellipse
state.
2. That ellipse-state molecule binds a circle-state molecule
from outside the adhesion, forming a slightly unstable
circle-ellipse bond.
3. The newly attached molecule binds to the ECM, thereby
sharing some of the load on the adhesion.
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FIGURE 4 Comparison between simulations
and simplified theory. Simulation details and theoretical expressions are presented in the Supporting
Material. (A) The simple model, based on a threestep adhesion growth process. (B) Nucleation, the
formation of a small molecular aggregate (10 molecules, in these simulations) from a single molecule
as a function of force (left) and substrate stiffness
(right). The gray point represents the same conditions in both plots. (C) Phase plot of stability as a
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Here, stability is defined as an adhesion with a
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(Eq. 1), the strain is large, and thus adhesion-ECM bonds are
more easily broken and/or are less likely to be formed than
on stiff surfaces, where strain is smaller (see Eq. 2). Therefore, as the ECM stiffness increases, molecules are more
likely to be bound to the ECM, causing step 3 to occur
more frequently and thereby increasing adhesion growth.
Intuitively, then, we expect that adhesion nucleation occurs
optimally at intermediate forces on stiff ECMs.
We may use a master equation approach to support this
intuition. The general master equation formulation of even
this simple model is rather difficult and has no readily found
analytic solution. However, we may derive an expression
for a simplified situation that we expect to be qualitatively
similar to the more-complex case. In particular, we can
find an analytic solution for the nucleation probability if
we start with an ensemble of nascent adhesions of size
N ¼ 1 and define any nascent adhesion that reaches size
N ¼ 2 to be successfully nucleated. In this simplified situation, the probability of an adhesion becoming nucleated is
the long-time limit of the solution to the differential
equations
dP1
¼ ½rd ðF; E; 1Þ þ ra ðF; E; 1ÞP1
dt
dP2
¼ ra ðF; E; 1ÞP1 ;
dt
where ra ðF; E; NÞ and rd ðF; E; NÞ are the rates of molecular
attachment and detachment from the adhesion, respectively.
Using the expressions for these rates derived in the Supporting Material, the nucleation probability (Pn) is
Pn z

expð  F2 =2kkB TÞ
(3)
a0 þ a1 expðFDH=kB TÞ þ expð  F2 =2kkB TÞ

where the nondimensional parameters a0 and a1 respectively
depend on the rate and equilibrium constants of the simple
model in Fig. 4 B, and DH is the height change that occurs
when molecules change state (see Fig. 4 C). Equation 3
explains why nucleation occurs more easily on stiff ECMs
than on soft ones (prediction 4 above): the attachment rate
is greater on a stiffer ECM through Eq. 2.
Equation 3 is consistent with our intuitive picture of
adhesion maturation (i.e., there is an optimal nucleation
force, and increased ECM stiffness increases the nucleation
probability) and also qualitatively consistent with detailed
Monte Carlo simulations of adhesion formation (Fig. 4 B).
Comparing these results with experimental measurements,
we identify nucleation with the development of nascent
adhesions into focal complexes or their precursors. The
model behaviors are then consistent with our own and
others’ experimental observations that adhesions are preferentially nucleated on stiff surfaces (2), inhibition of force
decreases adhesion nucleation (3), and increased vertical
force leads to a loss of cellular adhesion (31). Forces that
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optimize adhesion have also been directly observed on
some engineered surfaces (31).
Mean-field approximation (stability, growth,
and decay)
Although the master equation formulation is helpful for
small adhesions, it quickly becomes intractable as adhesion
size increases. We may, however, simulate large adhesions if
we assume that the adhesion grows uniformly, all molecules
are attached to the ECM, and growth occurs exclusively at
the adhesion edge. With these assumptions, the kinetic
equation for adhesion growth is (see Supporting Material
for a more complete derivation)

dN
1 pﬃﬃﬃﬃ 2 2
¼ 2 N eF =2kN kB T  ð1 þ BÞeFDH=NkB T : (4)
dt
T
Here, T is a timescale and B is a nondimensional parameter, and both depend on the rate and equilibrium constants
of the simple model in Fig. 4 A. We now examine the predictions of Eq. 4 and how these predictions relate to adhesion
stability, growth, and decay.
Stability

Perhaps the simplest way to understand Eq. 4, a nonlinear
ordinary differential equation, is to find its equilibrium
points and their stability. These are the points into which,
given enough time, the system settles. To find these points,
we set the left-hand size to zero and solve for N ¼ Neq. In
general, there are three such solutions: the trivial solution
ðN1eq ¼ 0Þ and
rﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃﬃ!


DH
2kB T lnð1 þ BÞ
eq
15 1 
F;
N2;3
¼
2kB T lnð1 þ BÞ
kDH 2
where N2eq and N3eq correspond to the negative and positive
signs, respectively.
Below a critical bond stiffness,
kcrit ¼

DH 2
;
2kB T lnð1 þ BÞ

eq
the roots N2;3
are imaginary, whereas above this value they
are real. Thus, for bond stiffnesses below kcrit, the system
has only the trivial equilibrium, N1eq ¼ 0. For bond stiffnesses above kcrit, three equilibria exist. We may linearize
about these equilibria to determine their stability. We find
that the trivial equilibrium is always stable. The intermediate equilibrium ðN2eq ¼ Nmin Þ, when it exists, is unstable.
The largest equilibrium ðN3eq ¼ Nmax Þ, when it exists, is
stable. In the language of nonlinear dynamics, a saddlenode bifurcation occurs at kcrit (see Supporting Material).
Using Eq. 1, we can relate the critical bond stiffness kcrit
to a critical ECM stiffness Ecrit, giving
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Ecrit ¼

3k logð1 þ BÞkB T
pRðDH 2 k  2kB T logð1 þ BÞÞ

a value that is independent of external force on the adhesion.
Thus, on soft ECMs with stiffnesses below Ecrit, all nucleated
adhesions are unstable and decay. On stiff surfaces with stiffnesses above Ecrit, sufficiently large adhesions (i.e., adhesions
larger than Nmin) grow toward Nmax, whereas smaller adhesions abruptly decay to N ¼ 0 (we have more to say about
this mode of decay below, in the ‘‘Growth’’ and ‘‘Decay’’
sections). Monte Carlo simulations of adhesions on surfaces
of various stiffnesses support these predictions (see Fig. 4 C),
as does the observation that below a critical ECM stiffness,
cells form few, if any, adhesions leading to cell death (3).
This analysis provides some insight into why adhesions are
formed less frequently and decay more readily on soft surfaces
than on stiff ones (predictions 4 and 5): the range of unstable
adhesion sizes increases on soft surfaces (see Fig. 4 C).
Growth

The equilibrium analysis of Eq. 4 shows that for a given
force, adhesions grow only if their size is between Nmin
and Nmax. If the adhesion is smaller than Nmin, it will rapidly
decay. In this case, the force on the adhesion becomes large
and each molecule-ECM bond is highly strained. Newly
bound molecules cannot attach to the surface, and the adhesion size begins to decrease. As this decay begins, the
remaining bound molecules share more of the load, leading
to increasing strain of molecule-ECM bonds and initiating
a vicious cycle. Thus, if the force becomes too large, all
molecules in the adhesion will detach rapidly.
If the adhesion becomes larger than Nmax, it will decay
toward Nmax. In this case, the force on the adhesion is small
and each molecule-ECM bond has little strain. Newly bound
molecules are able to bind to the surface, but, experiencing
little force, they do not transition to the ellipse state. Thus,
the adhesion cannot grow and will decay until the strain
on the molecule-ECM bonds increases, allowing newly
bound molecules to transition to the ellipse state. For large
adhesions, this situation can result in a steady state. For
small adhesions, however, random fluctuations can either
cause rapid detachment if the adhesion becomes smaller
than Nmin, or cause the force on the adhesion to disappear
via detachment of adhesion molecules that directly experience external force (we have more to say about this mode
of decay in the ‘‘Decay’’ section). Thus, if the force becomes
too small, the adhesion will decay and complete adhesion
detachment will become probable for small adhesions. For
a given adhesion size, there is therefore a narrow range of
forces at which adhesion growth is possible.
A growing adhesion is subject to an increasing external
force as force-generating structures associated with the
adhesion mature. Most nascent adhesions decay before
they become a focal adhesion. We therefore expect that
Biophysical Journal 101(12) 2919–2928

the few adhesions that survive to maturity fortuitously
managed to grow in size as the adhesion force increased,
keeping a roughly constant force per molecule (see Supporting Material for a more detailed discussion of this point). If,
as we expect, the force per molecule remains roughly
constant, Eq. 4 may be solved analytically.
Given that the growth rate is constant with time (let us say
it is c0), Eq. 4 becomes
pﬃﬃﬃﬃ
dN
¼ 2 N c0 =T :
dt
Defining the size of the adhesion at time t ¼p0ﬃﬃﬃﬃﬃ
asﬃ N0, the
solution of this equation is N ¼ ðc0 t=T þ N0 Þ2 . The
growth rate c0 is largely independent of ECM stiffness
(see Supporting Material), implying that, independently of
surface stiffness, adhesions grow quadratically with time
(predictions 1 and 3 in ‘‘Simulations’’). Note that any model
that assumes 1D growth, such as addition at the leading
and/or trailing edge of the adhesion, would predict that
adhesions grow linearly with time (14–17). Also note that
the independence of growth on ECM stiffness is surprising,
given that many aspects of adhesion maturation are dependent on ECM stiffness.
Decay

In our model and experiments, adhesions eventually decay
and disappear. In the model, there are two primary mechanisms by which decay is initiated. In the first mechanism
(described in detail above), an adhesion becomes smaller
than Nmin and rapidly detaches. We refer to this mechanism
as catastrophic detachment, and observe it in both simulations and experiments (see Supporting Material). In the
second mechanism, the molecule in our model that directly
experiences external force detaches from the adhesion.
Thus, the force on the adhesion drops to zero and the adhesion gradually decays. We expect that this form of adhesion
decay in the model is qualitatively similar to the biologically
relevant case in which a stress fiber (or other forceproducing structure) detaches from a focal adhesion. We
focus on the second, more gradual form of decay because
it occurred more frequently in our simulations and experimental measurements (Fig. 3, B–D).
For a molecule under external force to detach from the
adhesion, the molecule must simultaneously detach from
both the ECM and its neighbors. Because molecule-ECM
bonds are less stable on soft ECMs (see Eq. 2), this mechanism of detachment occurs more frequently on soft surfaces
(prediction 5). As force on the adhesion disappears, Eq. 4 is
pﬃﬃﬃﬃ B
dN
¼ 2 N :
dt
T
We can solve this equation analytically. Defining the size
of the adhesion at the moment force drops to zero as ND, the
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pﬃﬃﬃﬃﬃﬃ
solution of this equation is N ¼ ð ND  Bt=T Þ2 . This
solution predicts quadratic decay independently of ECM
stiffness (predictions 2 and 3).
DISCUSSION
Understanding how cells sense the stiffness of the ECM is an
important issue from both a basic science and a clinical
perspective. Although it is clear that adhesions between the
cell and the surface are critical in this process, how and why
ECM stiffness affects these adhesions is less clear. Here, we
introduce a model that is 2D, is both explicit and physically
consistent at the molecular level, and considers force normal
to the surface. Using a combination of theory, simulation,
and experiment, we provide insight into both how and why
adhesion maturation depends on ECM stiffness. We first
consider how adhesion maturation is stiffness-sensitive.
In cells, nascent adhesions are formed at the cell edge as
actin filaments extend and integrins embedded in the cell
membrane bind to the ECM. After this initial ECMstiffness-independent formation of nascent adhesions, most
of the adhesions disappear. However, a small fraction
of nascent adhesions increase in size, forming adhesion
complexes (4). It is this initial growth that we identify
with adhesion nucleation in the model. Based on model
simulations and simple theoretical calculations, we predict
that this process should be ECM-stiffness-dependent. We
find support for this prediction from our observation that
more adhesions are formed on stiffer surfaces.
Once an adhesion begins to grow, either from a nascent
adhesion to an adhesion complex or from an adhesion
complex to an elongated focal adhesion, simulation of the
model and theory both predict that its size should increase
as time squared and should be stiffness-independent. Both
of these predictions were unexpected. Our experimental
tests provide support for both predictions, demonstrating
that ECM stiffness does not affect how adhesions grow.
Focal adhesions do not last indefinitely; rather, they eventually decay and disappear. The model predicts that this
transition from growth to decay occurs faster on soft
surfaces than on stiff ones. In our model and experimental
measurements, this transition occurs without reaching
a steady-state size. Consistent with these predictions, our
measurements show that adhesion size increases with
surface stiffness. Subsequent adhesion shrinkage is ECMstiffness-independent. A comprehensive picture of how
ECM stiffness affects focal adhesion maturation then
emerges in which only adhesion nucleation and decay initiation are stiffness-sensitive. Note that these results depend
critically on both the 2D nature of the adhesions and the
component of force normal to the surface.
Besides providing insight into how ECM stiffness
affects focal adhesion maturation, our model suggests an
explanation for why ECM stiffness affects focal adhesion
maturation. In particular, we show that molecules with
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a force-dependent state transition and strain-dependent
binding exhibit the force- and ECM-stiffness-dependent
aggregation seen in adhesion maturation in live cells. The
force-dependent state transition makes aggregation occur
only in the presence of force (a process that may be common
to many different forms of cell adhesion (32)). Strain-dependent binding to the surface, however, occurs less frequently
under large forces. These opposing effects lead to an
optimal force for adhesion formation. Varying ECM stiffness affects strain-dependent surface binding, with stiffer
surfaces leading to a higher likelihood of binding, but has
no effect on the force-dependent transition. Thus, stiffer
surfaces result in a higher probability of adhesion maturation. Additionally, because decay may be initiated by
force-bearing molecules detaching from both their neighbors and the surface, decay initiation occurs faster on softer
surfaces where surface detachment is more likely. Thus, we
argue that many aspects of focal adhesion maturation
emerge naturally from the molecular properties of the
proteins in the adhesions.
CONCLUSIONS
The simple molecular model presented here is qualitatively
consistent with a broad set of experimental measurements,
some of which were performed explicitly to test the model.
The model predicts and our experiments demonstrate that
ECM stiffness affects whether an adhesion is initially
formed and how long it grows, but not how it grows or
decays. Therefore, much of the mechanosensitivity of adhesions, and perhaps cell mechanosensitivity as a whole, is an
emergent property of a simple molecular-mechanical
system. Combined with previous results on adhesion sliding
(28,30,33,34), this work may serve as the basis for understanding how cells transduce the mechanical properties of
the ECM into variable adhesion formation, and further
into cell motility and differentiation under both normal
and pathological conditions.
SUPPORTING MATERIAL
Additional discussion and more detailed analysis, plus seven figures,
a glossary, and references, are available at http://www.biophysj.org/
biophysj/supplemental/S0006-3495(11)01323-3.
We thank professors Michael Fisher, Margaret Gardel, Andy Ruina,
Manoj Srinivasan, and Dr. Achim Besser for constructive comments on
early versions of this manuscript.
This work was supported by the National Science Foundation
(CHE0514749) and the National Institutes of Health (GM075305 and
1U54CA143868).

REFERENCES
1. Engler, A. J., S. Sen, ., D. E. Discher. 2006. Matrix elasticity directs
stem cell lineage specification. Cell. 126:677–689.
Biophysical Journal 101(12) 2919–2928

2928

Walcott et al.

2. Pelham, Jr., R. J., and Y. L. Wang. 1997. Cell locomotion and focal
adhesions are regulated by substrate flexibility. Proc. Natl. Acad. Sci.
USA. 94:13661–13665.

18. Patla, I., T. Volberg, ., O. Medalia. 2010. Dissecting the molecular
architecture of integrin adhesion sites by cryo-electron tomography.
Nat. Cell Biol. 12:909–915.

3. Choi, C. K., M. Vicente-Manzanares, ., A. R. Horwitz. 2008. Actin
and a-actinin orchestrate the assembly and maturation of nascent adhesions in a myosin II motor-independent manner. Nat. Cell Biol.
10:1039–1050.

19. Chandler, D. 1987. Introduction to Modern Statistical Mechanics.
Oxford University Press, New York.

4. Parsons, J. T., A. R. Horwitz, and M. A. Schwartz. 2010. Cell adhesion:
integrating cytoskeletal dynamics and cellular tension. Nat. Rev. Mol.
Cell Biol. 11:633–643.
5. Riveline, D., E. Zamir, ., A. D. Bershadsky. 2001. Focal contacts as
mechanosensors: externally applied local mechanical force induces
growth of focal contacts by an mDia1-dependent and ROCK-independent mechanism. J. Cell Biol. 153:1175–1186.
6. Levental, K. R., H. Yu, ., V. M. Weaver. 2009. Matrix crosslinking
forces tumor progression by enhancing integrin signaling. Cell.
139:891–906.
7. Friedland, J. C., M. H. Lee, and D. Boettiger. 2009. Mechanically activated integrin switch controls a5b1 function. Science. 323:642–644.
8. Lee, S. E., R. D. Kamm, and M. R. K. Mofrad. 2007. Force-induced
activation of talin and its possible role in focal adhesion mechanotransduction. J. Biomech. 40:2096–2106.
9. Hytönen, V. P., and V. Vogel. 2008. How force might activate talin’s
vinculin binding sites: SMD reveals a structural mechanism. PLOS
Comput. Biol. 4:e24.

20. Wolfenson, H., A. Bershadsky, ., B. Geiger. 2011. Actomyosingenerated tension controls the molecular kinetics of focal adhesions.
J. Cell Sci. 124:1425–1432.
21. Bell, G. I. 1978. Models for the specific adhesion of cells to cells.
Science. 200:618–627.
22. Evans, E. 2001. Probing the relation between force—lifetime—and
chemistry in single molecular bonds. Annu. Rev. Biophys. Biomol.
Struct. 30:105–128.
23. Dudko, O. K., A. E. Filippov, ., M. Urbakh. 2003. Beyond the
conventional description of dynamic force spectroscopy of adhesion
bonds. Proc. Natl. Acad. Sci. USA. 100:11378–11381.
24. Dudko, O. K., G. Hummer, and A. Szabo. 2006. Intrinsic rates and activation free energies from single-molecule pulling experiments. Phys.
Rev. Lett. 96:108101.
25. Walcott, S. 2008. The load dependence of rate constants. J. Chem.
Phys. 128:215101.
26. Galbraith, C. G., K. M. Yamada, and M. P. Sheetz. 2002. The relationship between force and focal complex development. J. Cell Biol.
159:695–705.

10. del Rio, A., R. Perez-Jimenez, ., M. P. Sheetz. 2009. Stretching single
talin rod molecules activates vinculin binding. Science. 323:638–641.

27. Srinivasan, M., and S. Walcott. 2009. Binding site models of friction
due to the formation and rupture of bonds: state-function formalism,
force-velocity relations, response to slip velocity transients, and slip
stability. Phys. Rev. E. 80:046124.

11. Sawada, Y., M. Tamada, ., M. P. Sheetz. 2006. Force sensing by
mechanical extension of the Src family kinase substrate p130Cas.
Cell. 127:1015–1026.

28. Walcott, S., and S. X. Sun. 2010. A mechanical model of actin stress
fiber formation and substrate elasticity sensing in adherent cells.
Proc. Natl. Acad. Sci. USA. 107:7757–7762.

12. Reference deleted in proof.

29. Gao, H., J. Qian, and B. Chen. 2011. Probing mechanical principles of
focal contacts in cell-matrix adhesion with a coupled stochastic-elastic
modelling framework. J. R. Soc. Interface. 8:1217–1232.

13. Kanchanawong, P., G. Shtengel, ., C. M. Waterman. 2010. Nanoscale
architecture of integrin-based cell adhesions. Nature. 468:580–584.
14. Nicolas, A., B. Geiger, and S. A. Safran. 2004. Cell mechanosensitivity
controls the anisotropy of focal adhesions. Proc. Natl. Acad. Sci. USA.
101:12520–12525.
15. Shemesh, T., B. Geiger, ., M. M. Kozlov. 2005. Focal adhesions as
mechanosensors: a physical mechanism. Proc. Natl. Acad. Sci. USA.
102:12383–12388.
16. Besser, A., and S. A. Safran. 2006. Force-induced adsorption and
anisotropic growth of focal adhesions. Biophys. J. 90:3469–3484.
17. Olberding, J. E., M. D. Thouless, ., K. Garikipati. 2010. The nonequilibrium thermodynamics and kinetics of focal adhesion dynamics.
PLoS ONE. 5:e12043.

Biophysical Journal 101(12) 2919–2928

30. Aratyn-Schaus, Y., and M. L. Gardel. 2010. Transient frictional slip
between integrin and the ECM in focal adhesions under myosin II
tension. Curr. Biol. 20:1145–1153.
31. Koo, L. Y., D. J. Irvine, ., L. G. Griffith. 2002. Co-regulation of cell
adhesion by nanoscale RGD organization and mechanical stimulus.
J. Cell Sci. 115:1423–1433.
32. Björnham, O., and O. Axner. 2010. Catch-bond behavior of bacteria
binding by slip bonds. Biophys. J. 99:1331–1341.
33. Hu, K., L. Ji, ., C. M. Waterman-Storer. 2007. Differential transmission of actin motion within focal adhesions. Science. 315:111–115.
34. Chan, C. E., and D. J. Odde. 2008. Traction dynamics of filopodia on
compliant substrates. Science. 322:1687–1691.

